That is to say, the class of meromorphic functions that are "log-meromorphic" in the sense of this modified definition is contained in the class of meromorphic functions that are "log-meromorphic" in the sense of the original definition. In light of the content of this modified definition, perhaps a better term for this class of meromorphic functions would be "tempered-meromorphic".
(ii) In order to understand the relationship between the modified definition of (i) and the original definition, it is useful to consider the following conditions on a nonzero meromorphic function f on Z log ∞ :
(a) For every N ∈ N ≥1 , it holds that f admits an N -th root over some tempered covering of Z log .
(b) For every N ∈ N ≥1 which is prime to p, it holds that f admits an N -th root over some tempered covering of Z log .
(c) The divisor of zeroes and poles of f is a log-divisor. That is to say, in this situation, it follows that f admits an N -root over the tempered covering of Z log given by the "universal combinatorial covering" of Y log . In particular, it follows that (c) implies (b). Thus, in summary, we have:
On the other hand, unfortunately, it is not clear to the author at the time of writing whether or not (c) [or (b)] implies (a).
(iii) Observe that it follows from the theory of §1 [cf., especially, Proposition 1.3] that the theta function that forms the main topic of interest of the present paper satisfies condition (a). Indeed, the only instance occurring in the remainder of the text where the modified definition of (i) makes a difference is the proof of Proposition 4.2, (iii). That is to say, in this proof, it is necessary to use property (a) of (ii) [Here, we recall that, as discussed in (iii), the Frobenioid-theoretic theta functions that appear in the present paper satisfy (d 
